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Abstract: Shunt-series ac links constitute a class of so-called vector switching converters, capable of controlling power

flows by synthesising an adjustable series voltage. A novel steady-state model for the recently introduced three-leg

shunt-series ac link, suitable for power flow studies, is developed in this study. The new model is then applied in two

optimal power flow problems arising in distribution systems, namely, power loss reduction and integration of

distributed generation, where the performance of the three-leg topology is compared with that of the conventional

four-leg scheme. The CIGRE Task Force C06.04.02 benchmark network is used as case study.

1 Introduction

Medium-voltage (MV) distribution networks are usually composed
of a number of arborescent feeders linking the primary substation
with a switching centre where normally open switches are located,
as can be seen in Fig. 1a.

The switching centre reduces to just two adjacent feeders in the
simplest case and is used to reduce the restoration time in case of
failure of any of the interconnected feeders. This involves
previously isolating the faulted zone followed by energisation of
the healthy part by closing the respective mechanical switch.
While this strategy has proved satisfactory for the distribution
systems of the last century (i.e. passive networks with reduced
measurement and automation resources) it is clearly insufficient in
the upcoming smart grid context [1]. The new distribution
business is facing the integration of new agents such as:
distributed generators (DGs), electrical vehicles, massive
installation of smart meters and much higher automation levels
brought about by the introduction of ubiquitous information and
communication technologies (ICTs) [2].

The transition to the new paradigm cannot be solely based on the
application of new ICTs to the traditional business. As a matter of
fact, one of the key objectives of the smart grid is to allow power
flows to be controlled in a more flexible fashion [3, 4], which
cannot be obviously achieved if the radial operation is maintained.
To overcome this technical barrier, it has recently been proposed
to ‘loop’ the radial feeders by means of power electronic devices
substituting the normally open switches, as shown in Fig. 1b [5–7].

Earlier works introducing flexible links were based on power
converters comprising an asynchronous dc link [8]. A
comprehensive comparison of different dc-link topologies can be
found in [7] where a novel operational scheme of the Unified
Power Flow Controller (UPFC), termed UPFC-P0Q, is proposed
capable of controlling only the active and reactive power flows
across the interconnected feeders. Therefore, a degree of freedom
is lost compared with the traditional back-to-back topology which
can separately control the reactive power injections at both feeder
terminals. The main advantage, however, of the UPFC-P0Q
topology is that the rated power involved in power electronic
devices is significantly reduced.

However the UPFC-P0Q is not the only topology providing two
degrees of freedom. Some alternatives based on direct ac–ac
topologies, such as vector switching converters (VeSCs), are also
of interest owing to their inherent simplicity [9], the absence of

large dc capacitors and lower power rating of the semiconductor
devices [10]. Some recent publications have appeared exploring
the possibilities of power flow control using this new concept
[9–11]. Those pioneering works analyse the converter topologies
[12], develop both steady-state and dynamic models in order to
assess their capability for power flow regulation, contribution to
transient stability and voltage control [13–18], and present
experimental validations through laboratory setups of a four-leg
shunt-series controller [11] and a three-leg dynamic voltage
restorer [19]. The most promising topology within this group is the
so-called Γ controller (see Fig. 2a) which is a shunt-series
arrangement capable of independently controlling the active and
reactive powers exchanged between two networks [13].

A simpler alternative to the standard Γ topology has been recently
proposed in [20] (see Fig. 2b), where a dynamic model is developed
for this new topology and two strategies to control power flows are
implemented and compared. In spite of being also a shunt-series
arrangement, the following important differences can be pointed
out between both topologies:

† The standard Γ controller is a three-phase four-leg device (12
two-quadrant type power electronic switches required), whereas
the new device proposed in [20] comprises only three legs per
phase (only nine two-quadrant type power electronic switches
required). In the sequel, this arrangement will be termed the 3L-Γ
controller.
† The shunt transformer used to supply the input voltages to the
VeSC comprises five windings (Dd0y5d6y11 connection) in the Γ

controller, whereas just a four-winding Yy0y0y0 transformer is
required for the 3L-Γ topology.

Such differences preclude the use of the steady-state model of the
Γ controller, built around an ideal transformer with variable
transformation ratio depending on the duty cycles, for the 3L-Γ
controller. Therefore, the main objective of this paper is to develop
a steady-state model for the 3L-Γ converter suitable for power
flow studies or secondary control applications which can rely just
on phasors. Note that such applications usually run in the
distribution management system represented in Fig. 1b, where the
goal is to determine, usually with the help of an optimal power
flow (OPF), the set points for the controllable resources along the
distribution system to achieve an optimised operation. The
proposed model takes into account active and reactive power
losses (including those of power electronic devices and
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transformers) which can be considered an additional contribution
with respect to [17], where the Γ controller is represented by a
lossless model.

This paper is organised as follows. Section 2 proposes a
steady-state model for the 3L-Γ topology. On the basis of this
model, Section 3 then establishes the operational restrictions of the
3L-Γ controller, which are compared with those of the standard Γ

controller. Section 4 presents a case study based on the
distribution network proposed by the CIGRE Task Force
C06.04.02, intended to illustrate the differences between both
topologies when ohmic losses are minimised or renewables
penetration is maximised through an OPF algorithm.

2 Steady-state model of the 3L-Γ controller

This section is devoted to developing a full phasor model for the
3L-Γ controller shown in Fig. 2b, suitable for steady-state network
applications, such as power flow or OPF algorithms.

The power flow controlling capability of this configuration
stems from the voltage source inserted in the series branch. This
voltage is synthesised as the weighted average of the input
voltages, the weighting factors being related to the duty cycles of
the converter [9].

The VeSC input voltages depend on the arrangement of the shunt
multi-winding transformer, as follows

vin1 = vin2 = vin3 ≃
1

ap
v1 (1)

where ap is the shunt transformer turns ratio and v1 = [va1, v
b
1, v

c
1]

T

represents the abc phase voltages at feeder 1, assuming that the
voltage drop across the transformer short-circuit reactance can be
neglected. The duty ratios are determined by the control algorithm
in order to obtain the reference power flow between the
interconnected feeders. It is worth mentioning that those duty

ratios are of the dc-based type as explained in [9]. Considering the
input voltages and the duty ratios, as illustrated in Fig. 2b, the
output voltages, vout = [vaout, v

b
out, v

c
out]

T, and the input currents, iinj
for j = 1, 2, 3, are defined as [20]
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(3)

where iout = [iaout, i
b
out, i

c
out]

T are the VeSC output currents. Note that
the duty cycles must verify

∑

3

i=1

di(t) = 1. (4)

The currents flowing through the primary winding of the shunt input
transformer, ish, are related to the input currents of the VeSC as

ish =
1

ap
(iin1 + iin2 + iin3). (5)

In the following, the analysis will be focused on phase a, in order to
obtain the single-phase equivalent defining the phasor model for the
3L-Γ controller. According to (1) and (2), the output voltage vaout is

vaout =
1

ap
(d1v

a
1 + d2v

b
1 + d3v

c
1) (6)

and the relationship between primary and secondary currents in the
shunt transformer is obtained from

iash =
1

ap
(iain1 + iain2 + iain3) (7)

Finally, the shunt current is computed taking into account (3), and
relating the VeSC output current, iout, with the line current, i2,
through the series transformer turns ratio as

iash =
1

ap
(d1i

a
out + d2i

c
out + d3i

b
out) = −

as
ap

(d1i
a
2 + d2i

c
2 + d3i

b
2)

(8)

Equations (6) and (8) show a similar structure, however, the duty
ratios d2 and d3 are multiplying the phase voltages b and c in (6)
and the phase currents c and b in (8). This fact has important
implications for the developed phasor model, as explained in the
sequel. Note that the Γ controller is modelled as an ideal
transformer, in which the turns ratio is equal to the duty cycle
[17], because each duty cycle multiplies the same phase
magnitudes for both series voltage and shunt current equations.
However, that is not the case of the 3L-Γ controller, as clearly
seen from (6) and (8). Therefore, the 3L-Γ controller cannot be
directly represented by a transformer with the turns ratio
depending on the duty cycles. As a consequence, the single-phase
equivalent circuit proposed for the 3L-Γ controller is based on two
dependent sources, as depicted in Fig. 3: a series voltage source
and a shunt current source according to (6) and (8), respectively.
The model is completed by including the short-circuit reactances
of the shunt and series transformers, Xsh and Xs, respectively.

Even though the magnitudes of the dependent current and voltage
sources shown in Fig. 3 are formulated as a function of the duty

Fig. 1 MV distribution system

a Traditional scheme based on mechanical switches

b New scheme incorporating controllable links
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ratios, it is interesting to introduce a new set of variables to simplify
the control algorithm. Since the objective of the 3L-Γ device is to
control the active and reactive power flows between the
interconnected feeders by means of the series voltage V s, it makes
sense to decompose it into two orthogonal components, as shown
in Fig. 4. This allows a straightforward formulation of the active
and reactive power flows [20]

V s ≃ asV out = VsQ + jVsP = (dQ + jdP)
as
ap

V 1 (9)

where the voltage drop related to the short-circuit reactances of the
shunt and series transformers has been neglected. As a
consequence, a new definition of the duty ratios dP and dQ, which
extraordinarily simplifies the control algorithm, is proposed. Note

Fig. 2 Γ controller

a Conventional Γ shunt-series controller

b 3L-Γ shunt-series controller
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that these duty ratios are related to the original ones by

dQ
dP

[ ]

= 1 −0.5 −0.5

0 −
		

3
√

/2
		

3
√

/2

[ ] d1
d2
d3

⎡

⎣

⎤

⎦ (10)

The operational constraints of the newly defined duty cycles
considering (4) and (10) can be stated as

dQ [ −0.5, 1[ ], dP [
dQ − 1

		

3
√ ,

1− dQ
		

3
√

[ ]

(11)

Similarly, the shunt current of the equivalent circuit shown in Fig. 3,
I sh, can be formulated as a function of the new duty ratios as follows.
First, the time-domain formulation of the current in (8) is
transformed to the phasor domain, considering that the currents are
balanced

I sh = −
as
ap

I2(d1 + d2 e
j2p/3 + d3 e

−j2p/3) (12)

Second, the relationship between the proposed duty cycles dQ and dP
and the original ones d1, d2 and d3, given by (4) and (10), are
introduced in the previous equation, yielding

I sh = −
as
ap

I2(dQ − jdP) (13)

Finally, the current I2 is computed using the following voltage
equations, easily derived from Fig. 3

V 1 = V s + I2(R2 + jX2)+ V 2 (14)

asV out = V s − I2a
2
s (Rs + jXs) (15)

yielding

I2 =
V 1 − a2s/ap(dQ + jdP)V1 − V 2

(R2 + a2sRs)+ j(X2 + a2sXs)
. (16)

Therefore, the shunt current I sh and the series voltage V out are
defined as a function of the duty cycles, dP and dQ, the
transformer reactances, Xsh and Xs, and the voltages of the systems
V 1 and V 2.

The model is completed by adding the active and reactive power
flow balances for the whole system

P1 − P2 − PVeSC
loss = 0 (17)

Q1 − Q2 − Qs − Qsh = 0 (18)

where P1, P2, Q1 and Q2 are the active and reactive power flows
through each feeder, Qs and Qsh are the reactive power losses
related to the series and shunt transformers and PVeSC

loss corresponds
to the active power losses of the VeSC. A comprehensive analysis
of these losses can be found in [10].

3 Comparison of the feasible operating regions

In this section, the feasible operating regions of the Γ and 3L-Γ
controllers will be compared in terms of active and reactive power
flows between the interconnected feeders, assuming similar ratings
for both devices.

The feasible operating regions of the Γ and 3L-Γ controllers are
shown in Fig. 5 for a distribution power system characterised by
the parameters detailed in Table 1. This figure shows the active
and reactive powers that can be exchanged between the
interconnected power systems using these devices with the same
rated voltages and currents. Both operating areas are derived from
the maximum series voltage introduced between the radial feeders.
Keeping this in mind, the operational area of the Γ controller lies
inside the circumference inscribed in the square formed by the
output voltages of the four-poles VeSC used in this topology, as
defined in [13]. Correspondingly, the allowed operating area of the
3L-Γ controller is derived from the triangle resulting of the output
voltages of the three-poles VeSC. It can be noted in Fig. 5 that, in

Fig. 3 Single-phase 3L-Γ equivalent circuit for phase a

Fig. 4 Voltage phasor diagram and orthogonal decomposition of Vs

Fig. 5 Feasible operating region of the Γ and 3L-Γ controllers for the data

shown in Table 1
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terms of surface size, the operating region corresponding to the Γ

controller is larger, in accordance with the higher number of
windings in the shunt transformer.

A comprehensive comparison, however, cannot be based solely on
the total surface of the operational region, being it necessary to
include a more thorough quantitative analysis with the help of the
performance indices proposed in [7]. Those indices compare both
the size and shape of the operating region for each of the analysed
topologies, which is crucial to determine their capability to keep
separately under control the active and reactive power flows. For
this purpose, the feasible region (FR) is discretised into a grid of
small enough squares. Each square i is characterised by three
parameters: xi, Pi and Qi. The first one, xi, indicates if the small
discretised square is within (xi = 1) or without (xi = 0) the FR of
the analysed controller. The latter ones refer to the active and
reactive power flows between the feeders related to the square i.
According to these parameters the following performance indices
can be defined:

† FR ratio: This index reflects the size of the FR

RFR =
∑

i
xi � xi =

0, i � FR

1, i [ FR

{

(19)

† Active power ratio: This index reflects the ability of the power
electronic-based device to control the active power flow between
the feeders

RP =
∑

i[FR

Pi (20)

† Reactive power ratio: This ratio measures the ability of the power
electronic-based device to control the reactive power injected into
the feeders

RQ =
∑

i[FR

Qi (21)

The following relative indices are computed for the 3L-Γ topology
when those of the Γ controller are taken as reference

R3L−G

FR

RG
FR

= 0.82,
R3L−G

P

RG
P

= 1.22,
R3L−G

Q

RG
Q

= 1.05

In spite of the FR being larger for the Γ controller, the active and
reactive power ratios corresponding to the simpler 3L-Γ device are
better, which implies higher capability for controlling the active
and reactive powers between the interconnected feeders. This
shows the suitability of the proposed 3L-Γ controller for flexible
interconnection of adjacent distribution feeders.

4 Case studies

The steady-state model of the 3L-Γ device developed in Section 2
will be tested and validated in two different OPF scenarios
typically arising in planning and operation of distribution feeders.
In the first OPF problem, the objective function is to maximise the
amount of distributed generation that can be tolerated by the
feeder system. In the operation scenario, the objective is to reduce

Fig. 6 Benchmark distribution system

Table 1 Parameters of the benchmark system used in the comparison
of the operating region of the ac-based link devices

Parameters Value

rated voltage, V1 and V2 20 kV
base power, Sbase 10 MVA
angles, θ1 and θ2 0°
line impedance, R2 + jX2 0.003 + j0.003 pu
maximum current, Imax 1 pu
converter
rated power, Srat 250 kVA
series reactance, Xs 0.0025 pu
shunt reactance, Xsh 4 pu
series-rated current, Irats 1.05 pu
series-rated voltage, Urat

s 0.12 pu
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the active power losses of the system. In both scenarios, the two
degrees of freedom of the shunt-series power converters will be
considered as additional control variables aimed at equalising the
feeder loading levels. As a byproduct, the performance of the Γ

and 3L-Γ controllers will be compared. The model adopted to
describe the Γ controller can be found in [17].

The benchmark distribution system used for both case studies is
shown in Fig. 6. It is composed of two subsystems fed from the
same distribution substation. The subsystem 1 has several DGs
with different types of primary energy sources and storage systems
with different daily profiles. It is worth mentioning that the
batteries have not been considered as active control variables in
this paper. On the other hand, no DGs are connected to
subsystem 2. The consumers are classified either as industrial or
residential loads, each with its own daily profiles. An extra load
(3 MW and 1 Mvar) is added to bus 6 in subsystem 1, so that this
subsystem is considerably more loaded than subsystem 2 and the
benefits of adding ac links between both feeders become more
apparent. All the data related to this benchmark distribution system
including the line parameters and daily profiles of loads,
generators and storage systems can be found in [21].

The ac link (Γ or 3L-Γ controller) is placed between buses 8 and 14,
corresponding to subsystems 1 and 2, respectively. In the planning

scenario, the ac link will transfer active and reactive powers from
the congested subsystem (limited by either ampacity or voltage
violation) to the less loaded one, allowing a larger injection of
active power from DGs. In the operation scenario, the ac link will
try to transfer active power from the least loaded subsystem,
reducing in this way the active power losses of the whole system.

The main technical data corresponding to each ac link are
provided in Table 2. The apparent power that the ac link can shift
between the interconnected buses (8 and 14) is limited to 9 MVA,
in accordance with the most restrictive ampacity of upstream
branches. Note, however, that such a high power can be managed
by converters of much smaller rated power (Srat = 0.6 MVA). The
Γ controller has 12 solid-state switching devices [insulated gate
bipolar transistors (IGBTs)], whereas the 3L-Γ topology has only
9. This highly influences the internal power losses of the devices,
which is one of the advantages of the subject topology of this paper.

4.1 Performance of the ac links in the planning scenario

The performance of the power electronic-based devices is assessed in
terms of their capability to increase the active power that can be
injected by the DGs. The selected scenario corresponds to the hour
of the day with the highest solar radiation. The problem is
formulated as an OPF in order to maximise the generation of DG
keeping all operational constraints (bus voltages, line ampacities
and converter ratings) in the FR. A brief overview of the OPF
algorithm, including the control variables and the main equations,
has been included in Appendix, but further details can be found in
[22]. The optimisation problem is solved under the GAMS
environment [23] with the non-linear CONOPT solver [24].

In the base case (i.e. without the ac link), the maximum distributed
power which can be integrated into the network is 18.38 MW. This is
limited by the saturation of lines connecting buses 2-3, 7-8 and 8-3.
The additional generation comes from the photovoltaic generator at
bus 3, the wind farm at bus 7 and the cogeneration groups of bus 9.

When the ac link is in operation, connecting both subsystems, the
amount of power which can be integrated improves owing to the
possibility of transferring active power from subsystem 1 (where
all the DGs are located) to subsystem 2. It is worth mentioning

Table 3 Results of the planning scenario

ΔDG, MW Constraint (capacity)

base case 18.38 lines 2-3, 7-8 and 8-3
Γ controller 27.5 lines 2-3, 8-9 and 8-3, ac link
3L-Γ controller 27.6 lines 2-3 and 7-8, ac link

Table 2 Technical data of the ac links (base power 10 MVA)

Topology Srat, MVA as, pu ap, pu Xs, pu Xsh, pu

Γ 0.6 1 16 0.00625 1.6
3L-Γ 0.6 1 16 0.00625 1.6

Fig. 7 24 h evolution of the total power losses. The lower graphics show the zoomed view during peak load periods
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that both the Γ and the 3L-Γ controllers have a similar performance
in this case. The results, collected in Table 3, show that the power
injected by the DGs exceeds 27 MW in this situation. This is
constrained by the ampacity of the distribution feeders and the
capacity of the ac link.

4.2 Performance of the ac links in the operation scenario

A full day simulation is carried out to assess the additional benefits
that can be gained from the incorporation of ac links in terms
of power loss reduction. The simulation consists of a sequence of
OPFs, performed at intervals of 5 min. A detailed description of
the OPF can be found in [22, 25]. As in the planning case, the
OPF is solved under the GAMS environment with the non-linear
solver CONOPT.

In Fig. 7, the 24 h evolution of the active power losses is shown
for different cases, with and without connecting devices. The
energy losses of the system and the VeSC controllers for the
whole day are given in Table 4. Both ac-link topologies achieve a
significant reduction of active power losses. In addition, the power
losses of the 3L-Γ device are lower than those of the conventional

Table 4 24 h total energy losses in the benchmark distribution system

Energy losses, kWh Reduction,

VeSC System %

base case – 4904 –

Γ controller 89 3396 30.74
3L-Γ controller 70 3331 32.1

Fig. 8 Evolution of the

a Active

b Reactive powers injected into buses 8 and 14 by the ac links
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Γ controller, as a result of the reduced number of IGBTs. This helps
total power losses to be reduced, as shown in Fig. 7.

Such a reduction in power losses stems from the flow of active and
reactive powers between the ‘bridged’ feeders. Fig. 8 represents the
daily evolution of the active and reactive powers injected (negative
means absorbed) by the VeSC controllers into the terminal nodes.
This figure reveals that, indeed, the ac links considered in this paper
need to withdraw from bus 14 the active and reactive powers
injected into bus 8 (plus the corresponding losses), as they have
only two degrees of freedom. In other words, part of the subsystem
1 loads are fed from the subsystem 2, giving rise in the general
multi-feeder case to a load equalisation throughout the system.
Another important feature of the ac links studied in this work arises
when analysing the apparent power of the power electronic devices,

which is shown in Fig. 9 along with the respective active power
losses. Note that the apparent power is only a fraction of the power
flows actually shifted between the radial feeders (see Fig. 8).
Therefore, both ac links are advantageous in terms of reduced
investment cost when compared with traditional dc back-to-back
topologies. Moreover, as previously seen in Fig. 7, Fig. 9 clearly
shows that the active power losses of the simpler 3L-Γ topology,
comprising only nine solid-state switches, are lower than those of
the original Γ controller (12 switches).

Finally, it is worth noting that both devices inject reactive power into
bus 8, as shown in Fig. 8, in order to increase its voltage. As a matter of
fact, the voltage at bus 8 (bus 14) increases (decreases)with respect to the
base case, as shown in Fig. 10. This is a consequence of both active and
reactive power beings injected into bus 8 and withdrawn from bus 14.

Fig. 9 Evolution of the apparent powers of the Γ and 3L-Γ and their active power losses

Fig. 10 Voltage evolution at buses 8 and 14
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6 Conclusions

A steady-state full model of the recently introduced 3L-Γ controller
has been presented in this paper. The model, intended for power flow
and OPF solutions, considers the reactive power losses associated to
the series and shunt transformers as well as the active power losses of
the power electronic switches. In developing such a model, the main
difficulty stems from the fact that, unlike the standard Γ controller,
the 3L-Γ topology cannot be modelled by means of an ideal
transformer. Then, the newly developed model has been tested,
and compared with that of the Γ controller, in the OPF solution of
the CIGRE Task Force C06.04.02 benchmark distribution system.
While both ac links are capable of significantly improving the
operation of the feeder system, in terms of increased distributed
generation penetration and power loss reduction, the 3L-Γ device
has been identified as a better choice owing mainly to the reduced
number of electronic switches (9 versus the 12 required by the Γ

controller) and smaller power losses. This is achieved without
sacrificing its capability for regulating active and reactive powers,
as proved quantitatively by several performance indices also
analysed in this paper.
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7 Appendix: OPF description

This appendix describes the OPF used to model the steady-state
behaviour of the 3L-Γ controller in the distribution network. A
general formulation of an OPF can be stated as follows

min f (x, u) (22)

s.t. g(x, u) = 0 (23)

h(x, u) ≤ 0 (24)

where f (x, u) is the objective function to be minimised subject to
the equality and inequality constraints represented by g(x, u) and
h(x, u), respectively, x is the vector of state variables composed
of the voltage magnitudes Vi and angles θi for every bus i and u is
the vector of control variables. This general formulation is valid to
assess both, the planning and the operation scenarios, by just
changing the set of active control variables and the objective
function, as shown below.

The equality constraints are the active and reactive power balances
for each bus

Pbal
i = Vi

∑

j

(VjGij cos uij + VjBij sin uij) (25)

Qbal
i = Vi

∑

j

(VjGij sin uij − VjBij cos uij) (26)

Pbal
i = P

g
i − Pl

i , ∀i− {m, n} (27)

Qbal
i = Q

g
i − Ql

i, ∀i− {m, n} (28)

Pbal
m = Pg

m − Pl
m − P1 (29)

Pbal
n = Pg

n − Pl
n + P2 (30)

Qbal
m = Qg

m − Ql
m − Q1 (31)

Qbal
n = Qg

n − Ql
n + Q2 (32)

0 = P1 − P2 − PVeSC
loss (33)

0 = Q1 − Q2 − Qs − Qsh (34)

where P
g
i + jQ

g
i is the total complex power injected by dispersed

generators connected to bus i, Pl
i + jQl

i is the total complex
load demanded at bus i, Gij + jBij is the ij-element of the bus
admittance matrix; m and n are the ac-link connection buses. P1,
P2 and Q1, Q2 are the active and reactive power injections to each
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feeder by the ac link, respectively (the signs of these quantities are
shown in Fig. 3). Finally, (33) and (34) indicate the active and
reactive power balance through the ac link, where PVeSC

loss is the
active power losses of the VeSC, and Qs, Qsh are the reactive
power losses related to the series and shunt transformers,
respectively.

Inequality constraints are defined as follows

0 ≤ Iij ≤ Imax
ij (35)

Vmin
i ≤ Vi ≤ Vmax

i (36)

0 ≤ S3L−G ≤ Srat (37)

Equation (35) is the conductor ampacity limit, (36) defines the bus
voltage magnitude limits and (37) refers to the converter rated
power limit.

The objective function and the control variables can be formulated
as follows depending on the scenario:

† Planning scenario: The objective in this case is to maximise the
penetration of DGs. Thus, the control variables u are P

g
i for every

DG and the ac-link active and reactive power injections, (P2, Q2),
whereas the objective function is

fp(u) = −
∑

i=n

i=1

P
g
i (38)

† Operation scenario. In this case the aim is to reduce the system
losses as much as possible. The only decision variables in u are
the ac-link active and reactive power injections, (P2, Q2), while
the objective function is

fo(x) = Ploss(x) (39)
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